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1
$j(\tau)$ . , 1969 Mahler (
) .
(Mahler [6]) $\alpha$ , 4





$\alpha_{m}$ , $\beta_{1},$ $\ldots,$ $\beta_{n}$ $|\arg\beta_{l}1$ -
$\arg\beta_{\mathit{1}_{2}}|<\pi(1\leq\ell_{1}<\ell_{2}\leq n)$ . $\alpha_{1},$ $\ldots,$ $\alpha_{m},$ $\beta_{1},$ $\ldots,$ $\beta_{n}$
, $m+3n$
(1) $e^{\alpha_{k^{\mathcal{T}}}},$ $j(\beta_{\mathit{1}}\tau),$ $j’(\beta lT),j^{J}J(\beta l\mathcal{T})$ $(k=1, \ldots, m;\ell=1, \ldots, n)$
$\mathrm{C}(\tau)$ .
$\beta_{\ell}(\ell=1, \ldots, n)$ , $j(\beta_{\ell}\tau)$
. , 2 :
1o $\alpha_{1},$ $\ldots,$ $\alpha_{m}$ 1 .
$2^{\mathrm{o}}\beta\ell_{1}/\beta_{l_{2}}(1\leq\ell_{1}<\ell_{2}\leq n)$ .
, $1^{\mathrm{O}}$ $e^{\alpha_{1}\tau\ldots,\alpha_{m}\cdot\tau},e$ $\mathrm{C}(\tau)$ ,
$2^{\mathrm{o}}$ $j(\beta_{l_{1}}\mathcal{T})$ $j(\beta_{\ell_{2}}\tau)$
$\mathrm{C}$ . ,
(Lang [5], Chap. 5 ). , 2
( ) . (
1 ), $m=1,$ $n=2$ ( , $m=1$ 1
$0$
).
1060 1998 246-248 246
1 Mahler [6] , $j(\tau)$ ,
$f(\tau)$ , $e^{\alpha\tau},$ $f(\tau),$ $f’(\tau),$ $f^{J\prime}(\tau)$ $\mathrm{C}(\tau)$
. , Mahler $f(\tau)$ , Nishioka [8] . $.|$
.
2 $j(\tau)\text{ }\backslash q$- $J(q)$ . $q$ $0<|q|<1$
, Barre, Diaz, Gramain, Philibert [2] $J(q)$ ,
Nesterenko [7] $J(q),$ $DJ(q),$ $D2J(q)$ ( ,
$D=q \frac{d}{dq})$ . Bertrand [3] , – :
$q_{1},$
$\ldots,$




$qp=e^{2}\pi i\beta_{l}$ , , $\beta_{1},$ $\ldots,$ $\beta_{n}$ 2 ,




1 $\alpha_{1},$ $\ldots,$ $\alpha_{m},$ $\beta_{1},$ $\ldots,$ $\beta_{n}$ , 2
– . , (1) $m+3n$ $\mathrm{C}(\tau)$
:
(i) $\alpha_{1},$ $\ldots,$ $\alpha_{m}$ 1 , $0<|\arg\beta l_{1}-\arg\beta_{p}2|<\pi(1\leq\ell_{1}<\ell_{2}\leq n)$
.
(ii) $m=1$ , $\beta_{1},$ $\ldots,$ $\beta_{n}$ 1 .
$\alpha$ , $\beta_{1},$ $\beta_{2}$ , $|\arg\beta_{1}$ -
$\arg\beta_{2}|<\pi$ . , 7
$e^{\alpha\tau},j(\beta_{1^{\mathcal{T}}}),j’(\beta_{1^{\mathcal{T}}}),j^{\prime J}(\beta_{1}\mathcal{T}),j(\beta 2\mathcal{T}),j/(\beta_{2}\mathcal{T}),j’’(\beta 2^{\mathcal{T}})$
$\mathrm{C}(\tau)$ .










$e12\pi i\alpha m\tau,j(\beta_{1}\mathcal{T}),$ $\ldots,i(\beta n^{\mathcal{T})}$
$\mathrm{C}(\tau)$ .
1 , $j(\tau)$ Mahler Kronecker
(Hardy-Wright [4], Theorem 442) . 2 , $j(\tau)$
$q$- . , [1] .
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